l Introduction. We define the Bernoulli numbers of order k by means of [3, Chapter 6] We remark that # 5 (4) = -9.
The proof of (1.2) depends on some well-known properties of the Bernoulli numbers and factorial coefficients; in particular, we make use of some theorems of Glaisher and Nielsen. The necessary formulas are collected in §2; the proof of (1.2) is given in §3. In §4 we prove ( In §6 we discuss the number B^' for arbitrary m; this requires the consideration of a number of cases. In particular, we mention the following special results (p > 3) :
for r > 1;
for m = 1 (mod p Γ (p -1)).
It also follows from the results of §6 that B*P' is integral (mod p), p >_ 3, unless m = 0 (mod p -1 ) and m = 0 or p -1 (mod p), in which case pB^' is integral.
The number B^P +ι ' requires a more detailed discussion than BJjP'; this will be omitted from the present paper. However, we note the special formula 
A formula of a different sort that will be used is [3, p. 146, formula (83)] In particular, replacing m by 2m, this becomes
provided m > 1, a formula due to Euler. The formula [3, p. 145] (2.13)
will also be employed. In particular, we note that
3. Proof of (1.2) . Let p be a prime > 3. In (2.1), taking k = p, m = p + 2, we get
say. We break the sum A into several parts: 
by (2.14). As for u { we have, by (2.3), thus, by (2.8),
In the next place, by (2.4) and (2.5),
On the other hand, by (2.12), 4. Proof of (1.3) . We now take m = p>3, A; = p -1 in (2.1), so that
by (2.3) and (2.4). Now, again using (2.4), we have
Hence, the sum Q in the right member of (4. 5. Proof of (1.4), (1.5), (1.6). In the remainder of the paper let p > 3. In (2.13) take k = p, m = p + 2; then Therefore, by (1.2), (i) Suppose 6=1, so that the two terms in (6.2) coincide. Then if a Φ 1, we see that the term in question is exactly divisible by p Γ . On the other hand if a = 1, the term is integral (mod p) but not divisible by p.
(ii) If b Φ 1, Uι and u^ in (6.2) are distinct. There are several cases to consider. If a = 6, then u t is divisible by p Γ ι , while u^ is divisible by exactly p Γ+ι . Thus, in this sub-case B^P' = 0 (mod p Γ+1 ); for m=p + 2 this is less precise than (5.2).
In the next place, let m be even and define α, 6, r as above so that 6 is now This result evidently includes (5.3) but not (5.5).
We remark that B P* is integral (mod p) in cases (i), (ii), (iv). In case (iii), however, if a = 0 or p -1, then B^' is no longer integral, but pB^P' is integral; indeed it is easily verified that -1 (mod p) (α = 0), For c even, α odd, (7.7) holds; but (7.8) requires modification. For c and a both odd or both even, there are several cases; in particular, by (6.5) we have 
